Abstract. While attempting to give extensions of the well-known Hille-Hardy formula for the generalized Laguerre polynomials {Lnla)(x)} defined by 
(2.1)
where Re (a;) > 0, Re (p -£) > 0, and X = xz/(l -z).
We now take the inverse Laplace transforms of both sides of (2.1), using the known operational relations (1), p. 217, and (31), p. 175 in [9] , and we arrive at the familiar generating function [6, p. 654(5, 7)] (2.2)
(1 -zyx A. I ! -~A = t JT^y LnM(x)zn LI + a; 1 -zj "_o (1 + a)n valid, by analytic continuation, for \z\ < 1. Next we replace z by z (1 -y/(p -£))> multiply both sides by (p -£)~ß_1 and take their inverse Laplace transforms, and from (2.2) we similarly obtain The formula (2.3), also proved by Erdélyi (see, e.g., [7, p. 288 (27) ]) in a different form, may be looked upon as a 'mild' extension of the Hille-Hardy formula (1.1) to which it would obviously reduce when X -■> 1 4-a and a = ß. In view of (2.4), the formula (2.3) can be written as (X).
5"!(i+c,;:a+w>"'wL-'"^- The form of (2.6) suggests the existence of the more general result
provided r 5S s and \z\ is sufficiently small. Indeed the formula (2.7) holds for r = s = 1 by virtue of (2.6). For a proof by the method of finite mathematical induction, let us assume that it remains true for some values of r and s, replace y by yt, multiply both sides by tar+1~l, and take their Laplace transforms with respect to t. Then using the known integral (17), p. 219 in [9] , we find that r is replaced by r 4-1, thus completing the induction on r. To effect the induction on s, replace y by y/t, multiply both sides by trßs+l, and take their inverse Laplace transforms using the operational relation (1), p. 297 in [9] .
Similar are the proofs of the following bilinear generating functions : The special case p = q = 1 of (3.2) corresponds to the formula (4), p. 1320 of Brafman [4] when X = b\, while in the limit as x -> 0 our formulas (2.7), (2.8) and (2.9) reduce to the results proved earlier by Chaundy [5, p. 62] . For p = q = r = s -1, the bilinear relations (3.2), (3.4) and (3.5) when z -» -1.
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